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so likewise the existence of straight lines, planes, the amount of the angle-sum, etc., can be maintained only on a similar restriction. But just as physics sometimes finds itself constrained to replace its ideal assumptions by other more general ones, viz., to put in the place of a constant acceleration of falling bodies one dependent on the distance, instead of a constant quantity of heat a variable quantity,—so a similar procedure is permissible in geometry, when it is demanded by the facts or is necessary temporarily for scientific elucidation. And now the endeavors of Legendre, Lobachev^ki, and the two Bolyais, the younger of whom was probably indirectly inspired by Gauss, will appear in their right light.
THE CONTRIBUTIONS OF LOBACHEVSKI AND BOLYAI.
Of the labors of Schweickart and Taurinus, also contemporaries of Gauss, we will not speak. Lo-bachevski's works were the first to become known to the thinking world and so productive of results (1829). Very soon afterward the publication of the younger Bolyai appeared (1833), which agreed in all essential points with Lobachevski's, departing from it only in the form of its developments. According to the originals which have been made almost completely accessible to us in the beautiful editions of Engel and Staeckel,1 it is permissible to
1 Vrlcunden zur Geschichte der nichteuklidischen Geometric. L. N. I. Lobatschefskij.   Leipzig, 1899.